
Prog. Theor. Exp. Phys. 2021, 093B05 (14 pages)
DOI: 10.1093/ptep/ptab106

One-loop W boson contributions to the decay
H → Zγ in the general Rξ gauge

Khiem Hong Phan1,2,∗, Le Tho Hue3, and Dzung Tri Tran4

1Institute of Fundamental and Applied Sciences, Duy Tan University, Ho Chi Minh City 700000, Vietnam
2Faculty of Natural Sciences, Duy Tan University, Da Nang City 550000, Vietnam
3Institute of Physics, Vietnam Academy of Science and Technology, 10 Dao Tan, Ba Dinh, Hanoi, Vietnam
4University of Science Ho Chi Minh City, 227 Nguyen Van Cu, District 5, Ho Chi Minh City, Vietnam
∗E-mail: phanhongkhiem@duytan.edu.vn

Received July 1, 2021; Accepted August 4, 2021; Published August 11, 2021

... . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .
One-loop W boson contributions to the decay H → Zγ in the general Rξ gauge are presented.
The analytical results are expressed in terms of well-known Passarino–Veltman functions such
that their numerical evaluations can be generated using LoopTools. In the limit d → 4,
we have shown that these analytical results are independent of the unphysical parameter ξ and
consistent with previous results. The gauge parameter independence is also checked numerically
for consistence. Our results are also well stable with different values of ξ = 0, 1, 100 and
ξ → ∞.
. . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .

Subject Index B53, B59

1. Introduction

The decay process of the standard model-like (SM-like) Higgs boson H → Zγ is of great interest
at the Large Hadron Collider (LHC) as well as future colliders [1–4]. Similar to the important loop-
induced decay H → γ γ , which is one of the key channels for finding the SM-like Higgs boson
at the LHC, the partial decay width of the decay H → Zγ will provide important information on
the nature of the Higgs sector. Since the leading contributions to this decay amplitude are from
one-loop Feynman diagrams, it is sensitive to new physics predicted by many beyond the standard
models (BSM), i.e., new contributions of many new heavy charged particles that exchange in the
loop diagrams. Therefore, detailed calculations for one-loop and higher-loop contributions to the
decay channel H → Zγ are necessary.

There have been many computations for one-loop contributions to the decay channel H → Zγ

within SM and its extensions in Ref. [5–24], also in the references therein. In Ref. [25], the authors
proposed the dispersion theoretic evaluations for H → Zγ . In addition, hypergeometric presentation
for one-loop contribution to the amplitude of the decay H → Zγ has been presented in Ref. [26].
Most of the calculations were carried out in the unitary gauge because of the lesser number of the
Feynman diagrams in this gauge than in the other ones. However, the results may experience problems
relating to the large numerical cancellations, especially the higher-rank tensor one-loop integrals that
occur in the diagrams due to the W boson exchange. In our opinion, the derivation the one-loop W
boson contributions to the decay amplitude H → Zγ in the general Rξ gauge is mandatory, even in
the SM framework. This helps to verify the correctness of the final results supposed to be independent
of the unphysical parameter ξ . Furthermore, one can obtain a good stability of the results by fixing
suitable values of ξ .
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Many recent BSMs are electroweak gauge extensions, such as the left–right models (LR) con-
structed from the SU (2)L ×SU (2)R ×U (1)Y [27–29], the 3-3-1 models (SU (3)L ×U (1)X ) [30–36],
the 3-4-1 models (SU (4)L ×U (1)X ) [35], etc. They all predict new charged gauge bosons which may
give considerable one-loop contributions to the decay amplitude H → Zγ . Once their couplings and
the respective Goldstone bosons and ghosts particles are determined, their contributions to the decay
amplitude H → Zγ can be presented analytically using the results given in this paper, although
it is limited in the standard model framework. They can be used to cross-check with other results
calculated in the unitary gauge [20]. This is another way to confirm the complicated properties of
the couplings related with new Goldstone bosons appearing in the BSM.

For the above reasons, detailed calculations for one-loop W boson contributions to H → Zγ in
the Rξ gauge will be presented in this paper. The analytical results will be grouped in form factors
that are written in terms of the Passarino–Veltman functions so that their numerical evaluations can
be generated by LoopTools [37]. In the limit d → 4, the analytic results will be used to check for
the ξ -independence and confirm previous results. Numerical checks for the ξ -independence of the
form factors will be also discussed. The stability of results will be tested by varying ξ = 0, 1, 100
and ξ → ∞.

The layout of the paper is as follows: In Sect. 2, we briefly present the one-loop tensor reduction
method. Notations for one-loop form factors contributing to the amplitude of the SM-like Higgs
decay into a Z boson and a photon will be defined before listing all analytical results in that section.
Conclusions and outlook are given in Sect. 3. In the appendix, Feynman rules for the decay channel
are discussed.

2. Calculations

In general, one-loop decay amplitude is decomposed into one-loop tensor integrals which can be
reduced frequently to the final forms, which are sums of only scalar functions. Our calculation will
follow the tensor reduction method for one-loop integrals developed in Ref. [38]. This technique is
described briefly in the following.

The notations of one-loop one-, two- and three-point tensor integrals with rank P are given by

{A; B; C}μ1μ2···μP =
∫

ddk

(2π)d

kμ1kμ2 · · · kμP

{D1; D1D2; D1D2D3} . (1)

In this formula, Dj (j = 1, 2, 3) are the inverse Feynman propagators

Dj = (k + qj)
2 − m2

j + iρ, (2)

qj =
j∑

i=1
pi, pi are the external momenta, and mj are internal masses in the loops.

The explicit reduction formulas for one-loop one-, two- and three-points tensor integrals up to rank
P = 3 are written as follows [38]:

Aμ = 0, (3)

Aμν = gμνA00, (4)

Aμνρ = 0, (5)

Bμ = qμB1, (6)

Bμν = gμνB00 + qμqνB11, (7)
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Bμνρ = {g, q}μνρB001 + qμqνqρB111, (8)

Cμ = qμ
1 C1 + qμ

2 C2 =
∑
i=1,2

qμ
i Ci, (9)

Cμν = gμνC00 +
∑

i,j=1,2

qμ
i qν

j Cij, (10)

Cμνρ =
2∑

i=1

{g, qi}μνρC00i +
2∑

i,j,k=1

qμ
i qν

j qρ

k Cijk . (11)

For convenience, the short notation [38] {g, qi}μνρ will be used as follows: {g, qi}μνρ = gμνqρ
i +

gνρqμ
i + gμρqν

i . Following this approach, the scalar coefficients A00, B1, · · · , C222 in the right-hand
sides of the above equations are so-called Passarino–Veltman functions [38]. Their analytic formulas
for numerical calculations are well-known. More conveniently, these functions can be calculated
numerically using the available package LoopTools [37].

The above notations will be used to evaluate the one-loop W contributions to the decay amplitude
H → Z(p1)γ (p2). In the SM framework, these contributions come from the Feynman diagrams
given in Fig. A.1, where all W boson, Goldstone boson and ghost particles exchanging in the loop
must be considered in the general Rξ gauge.

The total amplitude of the decay channel is then expressed in terms of the Lorentz invariant structure
as follows:

AH→Zγ = Aμνε
∗
μ(p1)ε

∗
ν (p2) =

⎧⎨
⎩A00gμν +

2∑
i,j=1

Aijp
μ
i pν

j

⎫⎬
⎭ ε∗

μ(p1)ε
∗
ν (p2). (12)

All kinematic invariant variables are relevant in this process:

p2
1 = M 2

Z , (13)

p2
2 = 0, (14)

p2 = (p1 + p2)
2 = M 2

H , (15)

which results in a consequence that

p1p2 = M 2
H − M 2

Z

2
. (16)

The Ward identity pν
2ε

∗
ν (p2) = 0 implies that the two form factors A22 and A12 do not contribute

to the amplitude given in Eq. (12). In addition, we have pν
2Aμν = 0, leading to another zero form

factor, namely A11 = 0. Now, the amplitude has a very simple form:

AH→Zγ =
{
A00gμν + A21pν

1pμ
2

}
ε∗
μ(p1)ε

∗
ν (p2). (17)

The form factors A00, A21 will be expressed in terms of the Passarino–Veltman functions mentioned
in the beginning of this section. The derivations are performed with the help of Package-X [39]
for handling all Dirac traces in d dimensions. One-loop form factors are presented in the standard
notation defined in LoopTools [37] on a diagram-by-diagram basis.
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2.1. In the general Rξ gauge

We first carry out the calculations in the general Rξ gauge. To simplify the computations, the W
boson propagator is decomposed into the following form:

−i

k2 − M 2
W

[
gμν − (1 − ξ)

kμkν

k2 − M 2
ξ

]
= −i

k2 − M 2
W

(
gμν − kμkν

M 2
W

)
+ −i

k2 − M 2
ξ

kμkν

M 2
W

, (18)

with M 2
ξ = ξM 2

W . The first term in the right-hand side of Eq. (18) is nothing but the W boson
propagator in the unitary gauge, while the second term relates to the propagators of Goldstone
bosons and ghost particles. In the convention of Eq. (18), each diagram with a W boson exchanging
in the loop will be separated into several parts. For example, the Feynman amplitude for diagram
(a) in Fig. A.1 is divided into 8 terms as follows:

A(a) =
2∑

i,j,k=1

A(a)
ijk . (19)

The notation A(a)
ijk corresponds to which term on the right-hand side of Eq. (18) is taken. In this

scheme, the amplitude in Eq. (17) is presented by means of

AH→Zγ =
⎧⎨
⎩
⎡
⎣ ∑

diag≡{a,··· ,j}
A(diag)

L (ξ)

⎤
⎦ gμν +

⎡
⎣ ∑

diag≡{a,··· ,j}
A(diag)

T (ξ)

⎤
⎦ pμ

2 pν
1

⎫⎬
⎭ ε∗

μ(p1)ε
∗
ν (p2).(20)

The terms A(diag)

L (ξ) and A(diag)

T (ξ) will be collected on a diagram-by-diagram basis in the following

subsections. In this article, we show analytic results for A(diag)

T (ξ) as examples.

2.1.1. Diagrams a and a′
We first calculate the topologies (a + a′) having only W boson in the loop diagrams (see the two
diagrams a and a′ in Fig. A.1). The respective form factors denoted in Eq. (20) are split into 8 pieces,
namely

A(a+a′)
T (ξ) = gHWW gZWW gAWW

32π2M 4
W

{
AT

111(ξ) + AT
112(ξ) + AT

121(ξ) + AT
211(ξ) + AT

122(ξ)

+ AT
212(ξ) + AT

221(ξ) + AT
222(ξ)

}
. (21)

All terms in the above equation are presented in terms of the Passarino–Veltman functions as follows:

AT
111(ξ) = (2M 2

H + 4M 2
W )
[
B11 + B1

]
(M 2

H , M 2
W , M 2

W ) + 4M 2
W B0(M

2
H , M 2

W , M 2
W )

+ 8M 2
W (4M 2

W − M 2
Z )C0(M

2
H , M 2

Z , 0, M 2
W , M 2

W , M 2
W )

+ 2
[
2M 2

H (2M 2
W − M 2

Z ) + 8(d − 1)M 4
W − 4M 2

W M 2
Z

]
× [C22 + C12 + C2](M 2

Z , 0, M 2
H , M 2

W , M 2
W , M 2

W ), (22)

AT
112(ξ) = −4M 2

W B0(M
2
H , M 2

W , M 2
ξ ) + (6M 2

W M 2
Z − 8M 4

W )C0(M
2
Z , 0, M 2

H , M 2
W , M 2

W , M 2
ξ )

+ 2M 2
W M 2

Z C1(M
2
Z , 0, M 2

H , M 2
W , M 2

W , M 2
ξ ) + [M 2

H − M 2
W (ξ − 1)]
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×
{
(3M 2

Z − 4M 2
W )
[
C22 + C12

]
(M 2

Z , 0, M 2
H , M 2

W , M 2
W , M 2

ξ )

− 2B11(M
2
H , M 2

W , M 2
ξ )
}

+ [M 2
H − M 2

W (ξ − 3)]

×
[

− 2B1(M
2
H , M 2

W , M 2
ξ ) − (4M 2

W − 3M 2
Z )C2(M

2
Z , 0, M 2

H , M 2
W , M 2

W , M 2
ξ )
]
, (23)

AT
121(ξ) = 2M 2

H (M 2
Z − M 2

W )
[
C22 + C12 + C2

]
(M 2

Z , 0, M 2
H , M 2

W , M 2
ξ , M 2

W )

+ 4M 2
W (M 2

Z − M 2
W )
[
C22 + C12 + C2 + C1 + C0

]
(M 2

Z , 0, M 2
H , M 2

W , M 2
ξ , M 2

W ), (24)

AT
211(ξ) = [M 2

W (ξ + 1) − M 2
H ]

×
{

2B1(M
2
H , M 2

ξ , M 2
W ) + (4M 2

W − 3M 2
Z )C1(M

2
H , M 2

Z , 0, M 2
ξ , M 2

W , M 2
W )
}

+ 4M 2
W (2M 2

W − M 2
Z )C1(M

2
Z , 0, M 2

H , M 2
ξ , M 2

W , M 2
W )

+ [M 2
H − M 2

W (ξ − 1)] (25)

×
{
(3M 2

Z − 4M 2
W )
[
C22 + C12

]
(M 2

Z , 0, M 2
H , M 2

ξ , M 2
W , M 2

W ) − 2B11(M
2
H , M 2

ξ , M 2
W )
}

,

AT
122(ξ) = M 2

Z [M 2
W (ξ − 1) − M 2

H ]
[
C12 + C11

]
(M 2

H , M 2
Z , 0, M 2

W , M 2
ξ , M 2

ξ )

− 2M 2
Z M 2

W

[
C2 + C0

]
(M 2

H , M 2
Z , 0, M 2

W , M 2
ξ , M 2

ξ )

− M 2
Z [M 2

H − M 2
W (ξ − 3)]C1(M

2
H , M 2

Z , 0, M 2
W , M 2

ξ , M 2
ξ ), (26)

AT
212(ξ) = 2(M 2

H − 2M 2
ξ )
[
B11 + B1

]
(M 2

H , M 2
ξ , M 2

ξ )

+ 2(M 2
W − M 2

Z )(M 2
H − 2M 2

ξ )
[
C22 + C12 + C2

]
(M 2

Z , 0, M 2
H , M 2

ξ , M 2
W , M 2

ξ ), (27)

AT
221(ξ) = M 2

Z [M 2
W (ξ + 1) − M 2

H ]C2(M
2
Z , 0, M 2

H , M 2
ξ , M 2

ξ , M 2
W )

+ M 2
Z [M 2

W (ξ − 1) − M 2
H ]
[
C22 + C12

]
(M 2

Z , 0, M 2
H , M 2

ξ , M 2
ξ , M 2

W ), (28)

AT
222(ξ) = 0. (29)

2.1.2. Diagram b
We next consider the topology b which has two W boson internal lines. The one-loop form factors
read as

AT
11(ξ) =

[
M 2

H B111 + 2B001 + (M 2
H − M 2

W )B11 + B00 − M 2
W (B1 + B0)

]
(M 2

H , M 2
W , M 2

W ), (30)

AT
12(ξ) =

[
M 2

W (B0 + B1) − B00 − M 2
H (B11 + B111) − 2B001

]
(M 2

H , M 2
W , M 2

ξ ), (31)
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AT
21(ξ) =

[
[M 2

W (1 − ξ) − M 2
H ]B11 − M 2

ξ B1 − M 2
H B111 − B00 − 2B001

]
(M 2

H , M 2
ξ , M 2

W ), (32)

AT
22(ξ) =

[
(M 2

H + M 2
ξ )B11 + M 2

ξ B1 + M 2
H B111 + B00 + 2B001

]
(M 2

H , M 2
ξ , M 2

ξ ). (33)

2.1.3. Diagrams c and c′
The form factors due to the triangle diagrams that have two W bosons and a Goldstone boson in the
loop are considered next. They are expressed in the same scheme:

A(c+c′)
T (ξ) = AT

110(ξ) + AT
120(ξ) + AT

210(ξ) + AT
220(ξ). (34)

The related terms in the above equation are shown:

AT
110(ξ) = gHWX gZWW gAWX

8π2M 4
W

{
2M 2

W (2M 2
W − M 2

Z )C0(M
2
Z , 0, M 2

H , M 2
W , M 2

W , M 2
ξ )

− 2M 2
W M 2

Z C1(M
2
Z , 0, M 2

H , M 2
W , M 2

W , M 2
ξ )

+ (2M 2
W − M 2

Z )[M 2
H − M 2

W (ξ − 1)]
[
C12 + C22

]
(M 2

Z , 0, M 2
H , M 2

W , M 2
W , M 2

ξ )

+ (2M 2
W − M 2

Z )[M 2
H − M 2

W (ξ − 3)]C2(M
2
Z , 0, M 2

H , M 2
W , M 2

W , M 2
ξ )
}

+ gHWX gAWW gZWX

8π2M 4
W

{
4M 4

W C0(M
2
H , M 2

Z , 0, M 2
W , M 2

ξ , M 2
W )

+ 2M 2
W [M 2

H − M 2
W (ξ − 1)]

[
C12 + C11

]
(M 2

H , M 2
Z , 0, M 2

W , M 2
ξ , M 2

W )

+ 2M 2
W [M 2

H − M 2
W (ξ − 3)]C1(M

2
H , M 2

Z , 0, M 2
W , M 2

ξ , M 2
W )
}

, (35)

AT
120(ξ) = gHWX gZWW gAWX

8π2M 4
W

{
(M 2

W − M 2
Z )[M 2

W (ξ − 3) − M 2
H ]C2(M

2
Z , 0, M 2

H , M 2
W , M 2

ξ , M 2
ξ )

+ (M 2
Z − M 2

W )[M 2
H − M 2

W (ξ − 1)]
[
C22 + C12

]
(M 2

Z , 0, M 2
H , M 2

W , M 2
ξ , M 2

ξ )

+ 2M 2
W (M 2

Z − M 2
W )
[
C1 + C0

]
(M 2

Z , 0, M 2
H , M 2

W , M 2
ξ , M 2

ξ )
}

+ gHWX gAWW gZWX

8π2M 4
W

{
M 2

W [M 2
W (ξ − 3) − M 2

H ]C1(M
2
H , M 2

Z , 0, M 2
W , M 2

ξ , M 2
ξ )

− M 2
W [M 2

H − M 2
W (ξ − 1)]

[
C12 + C11

]
(M 2

H , M 2
Z , 0, M 2

W , M 2
ξ , M 2

ξ )

− 2M 4
W

[
C2 + C0

]
(M 2

H , M 2
Z , 0, M 2

W , M 2
ξ , M 2

ξ )
}

, (36)

AT
210(ξ) = gHWX gZWW gAWX

8π2M 4
W

{
(M 2

ξ − M 2
H )(M 2

W − M 2
Z ) (37)

×
[
C22 + C12 + C2

]
(M 2

Z , 0, M 2
H , M 2

ξ , M 2
W , M 2

ξ )
}

+ gHWX gAWW gZWX

8π2M 4
W

{
(M 2

ξ − M 2
H )M 2

W

×
[
C12 + C11 + C1

]
(M 2

H , M 2
Z , 0, M 2

ξ , M 2
ξ , M 2

W )
}

,
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AT
220(ξ) = gHWX gZWW gAWX

8π2M 4
W

{
M 2

Z (M 2
ξ − M 2

H )
[
C22 + C12 + C2

]
(M 2

Z , 0, M 2
H , M 2

ξ , M 2
ξ , M 2

ξ )
}

. (38)

2.1.4. Diagrams d and d ′
We are now going to consider one-loop two-point diagrams with exchanging a W boson and a
Goldstone boson in the loop (see diagrams d and d ′ in Fig. A1). The form factors are divided into
two parts as follows:

A(d+d ′)
T (ξ) = AT

10(ξ) + AT
20(ξ). (39)

All components in the equation are given:

AT
10(ξ) = 0, (40)

AT
20(ξ) = gHZWX gAWX

8π2M 2
W

[
B00 − M 2

W B0

]
(0, M 2

W , M 2
ξ )

+ gHAWX gZWX

8π2M 2
W

[
B00 − M 2

W B0

]
(M 2

Z , M 2
ξ , M 2

W ). (41)

2.1.5. Diagrams e and e′
One-loop topologies with two Goldstone bosons and one W boson in internal lines are considered.
The form factors are written as

A(e+e′)
T (ξ) = gHWX (gZWX gAXX + gAWX gZXX )

4π2M 2
W

[
AT

100(ξ) + AT
200(ξ)

]
. (42)

The related terms in the equation are decomposed as

AT
100(ξ) = [M 2

H + M 2
W (3 − ξ)]C2(M

2
Z , 0, M 2

H , M 2
W , M 2

ξ , M 2
ξ ) (43)

+ 2M 2
W

[
C0 + C1

]
(M 2

Z , 0, M 2
H , M 2

W , M 2
ξ , M 2

ξ )

+ [M 2
H + M 2

W (1 − ξ)]
[
C22 + C12

]
(M 2

Z , 0, M 2
H , M 2

W , M 2
ξ , M 2

ξ ),

AT
200(ξ) = (M 2

ξ − M 2
H )
[
C22 + C12 + C2

]
(M 2

Z , 0, M 2
H , M 2

ξ , M 2
ξ , M 2

ξ ). (44)

2.1.6. Diagrams f and f ′
Other topologies with two W bosons and one Goldstone in the loop are mentioned. The corresponding
form factors are presented in the form of

A(f +f ′)
T (ξ) = gHWW gZWX gAWX

16π2M 4
W

[
AT

101(ξ) + AT
102(ξ) + AT

201(ξ) + AT
202(ξ)

]
, (45)

where the relevant terms are expressed in terms of Passarino–Veltman functions. The results read in
detail as

AT
101(ξ) = (M 2

H + 2M 2
W )
[
C22 + C12 + C2

]
(M 2

Z , 0, M 2
H , M 2

W , M 2
ξ , M 2

W )

+ 2M 2
W

[
C0 + C1

]
(M 2

Z , 0, M 2
H , M 2

W , M 2
ξ , M 2

W ), (46)
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AT
102(ξ) = [M 2

W (ξ − 1) − M 2
H ]
[
C22 + C12

]
(M 2

Z , 0, M 2
H , M 2

W , M 2
ξ , M 2

ξ )

− 2M 2
W

[
C0 + C1

]
(M 2

Z , 0, M 2
H , M 2

W , M 2
ξ , M 2

ξ )

+ [M 2
W (ξ − 3) − M 2

H ]C2(M
2
Z , 0, M 2

H , M 2
W , M 2

ξ , M 2
ξ ), (47)

AT
201(ξ) = [M 2

W (ξ − 1) − M 2
H ]
[
C22 + C12

]
(M 2

Z , 0, M 2
H , M 2

ξ , M 2
ξ , M 2

W )

+ [M 2
W (ξ + 1) − M 2

H ]C2(M
2
Z , 0, M 2

H , M 2
ξ , M 2

ξ , M 2
W ), (48)

AT
202(ξ) = (M 2

H − 2M 2
ξ )
{

C22 + C12 + C2

}
(M 2

Z , 0, M 2
H , M 2

ξ , M 2
ξ , M 2

ξ ). (49)

2.1.7. Diagrams g and g′
Applying the same procedure, the form factors for diagrams g and g′ are shown in this subsection.
The results read

A(g+g′)
T (ξ) = gHXX gZWX gAWX

8π2M 2
W

[
AT

010(ξ) + AT
020(ξ)

]
. (50)

All terms in the equation are obtained:

AT
010(ξ) =

[
C22 + C12 + C2

]
(M 2

Z , 0, M 2
H , M 2

ξ , M 2
W , M 2

ξ ), (51)

AT
020(ξ) = −

[
C22 + C12 + C2

]
(M 2

Z , 0, M 2
H , M 2

ξ , M 2
ξ , M 2

ξ ). (52)

2.1.8. Diagrams h and h′
We also have

A(h+h′)
T (ξ) = gHXX gZXX gAXX

2π2

[
C22 + C12 + C2

]
(M 2

Z , 0, M 2
H , M 2

ξ , M 2
ξ , M 2

ξ ). (53)

2.1.9. Diagram i
We next have

A(i)
T (ξ) = 0. (54)

2.1.10. Diagrams j and j′
Finally, we obtain

A(j+j′)
T (ξ) = −ξ

gHccgZccgAcc

4π2

[
C22 + C12 + C2

]
(M 2

Z , 0, M 2
H , M 2

ξ , M 2
ξ , M 2

ξ ). (55)

2.2. In ’t Hooft–Veltman gauge

Summing all of the contributions listed in the previous subsection, we obtain the analytic results of
the one-loop form factors needed to determine the decay amplitude H → Zγ in the general Rξ . In
this subsection, we set ξ = 1 corresponding to the ’t Hooft–Veltman gauge. The form factors read
in a compact form as follows:

(16π2) × AT
21 =

{
4gZWW [(2d − 3)gAWW gHWW + gAWX gHWX ] − 4gAccgHccgZcc
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+ 8gAXX (gHWX gZWX + gHXX gZXX )
}
[C22 + C12](M 2

Z , 0, M 2
H , M 2

W , M 2
W , M 2

W )

+
{

4gZWW [(2d − 3)gAWW gHWW + 3gAWX gHWX ] − 4gAccgHccgZcc

+ 8gAXX (3gHWX gZWX + gHXX gZXX )
}

C2(M
2
Z , 0, M 2

H , M 2
W , M 2

W , M 2
W )

+
(

2gAWW gHWW gZWW − 8gAWW gHWX gZWX + 16gAWX gHWX gZXX

)
× C2(M

2
H , M 2

Z , 0, M 2
W , M 2

W , M 2
W )

+
(

10gAWW gHWW gZWW + 8gAWX gHWX gZWW + 16gAXX gHWX gZWX

)
× C0(M

2
Z , 0, M 2

H , M 2
W , M 2

W , M 2
W ). (56)

2.3. In the unitary gauge

In the unitary gauge, we only take A(a+a′)
111 and A(b)

11 into account. The result reads

(32π2M 4
W ) × AT

21 =
[
2(M 2

H + 2M 2
W )gAWW gHWW gZWW + 4(M 2

H − M 2
W )gHWW gZAWW

]
× B11(M

2
H , M 2

W , M 2
W )

+ 4M 2
W gHWW

(
gAWW gZWW − gZAWW

)
B0(M

2
H , M 2

W , M 2
W )

+ 2gHWW

[
(M 2

H + 2M 2
W )gAWW gZWW − 2M 2

W gZAWW

]
B1(M

2
H , M 2

W , M 2
W )

+ 4gHWW gZAWW

[
M 2

H B111 + B00 + 2B001

]
(M 2

H , M 2
W , M 2

W ) (57)

+ 4gAWW gHWW gZWW

[
2M 2

W (M 2
H − M 2

Z ) − M 2
H M 2

Z + 4(d − 1)M 4
W

]
× [C22 + C12 + C2](M 2

Z , 0, M 2
H , M 2

W , M 2
W , M 2

W )

+ 8M 2
W

(
4M 2

W − M 2
Z

)
gAWW gHWW gZWW C0(M

2
H , M 2

Z , 0, M 2
W , M 2

W , M 2
W ).

In the limit d → 4, the form factors in the three different gauges Rξ , ’t Hooft-Veltam and unitary
are in the same simple form given as follows:

Ad→4
H→Zγ = eg2 cos θW

32π2M 2
H M 3

W

(
M 2

H − M 2
Z

)2 [2 pμ
2 pν

1 − (M 2
H − M 2

Z )gμν
]

×
{

M 2
Z

√
M 4

H − 4M 2
H M 2

W

[
M 2

H

(
2M 2

W − M 2
Z

)+ 12M 4
W − 2M 2

W M 2
Z

]

× ln

⎡
⎢⎣
√

M 4
H − 4M 2

H M 2
W + 2M 2

W − M 2
H

2M 2
W

⎤
⎥⎦

+ M 2
H M 2

W

[
M 2

H

(
M 2

Z − 6M 2
W

)+ 12M 4
W + 6M 2

W M 2
Z − 2M 4

Z

]

× ln2

⎡
⎢⎣
√

M 4
H − 4M 2

H M 2
W + 2M 2

W − M 2
H

2M 2
W

⎤
⎥⎦

+ M 2
H

√
M 4

Z − 4M 2
W M 2

Z

[
M 2

H

(
M 2

Z − 2M 2
W

)+ 2M 2
W

(
M 2

Z − 6M 2
W

)]

9/14

D
ow

nloaded from
 https://academ

ic.oup.com
/ptep/article/2021/9/093B05/6348181 by guest on 14 O

ctober 2021



PTEP 2021, 093B05 K. H. Phan et al.

× ln

⎡
⎢⎣
√

M 4
Z − 4M 2

W M 2
Z + 2M 2

W − M 2
Z

2M 2
W

⎤
⎥⎦

− M 2
H M 2

W

[
M 2

H

(
M 2

Z − 6M 2
W

)+ 12M 4
W + 6M 2

W M 2
Z − 2M 4

Z

]

× ln2

⎡
⎢⎣
√

M 4
Z − 4M 2

W M 2
Z + 2M 2

W − M 2
Z

2M 2
W

⎤
⎥⎦

+ 2M 2
H M 2

W

(
M 2

H − M 2
Z

)2 + M 2
H

(
12M 4

W − M 2
H M 2

Z

) (
M 2

H − M 2
Z

) }
. (58)

By taking M 2
Z → 0 in Eq. (58), we then verify again many previous results for H → γ γ ; see

Refs. [40,41] for examples. For W bosons exchanging in the loop, their masses are included in the
Feynman’s prescription as M 2

W − iρ. Therefore, all the above logarithmic functions are well-defined
in the complex plane.

3. Numerical tests for the ξ -independence

Numerical illustrations of the form factors relating to the decay amplitude H → Zγ in different
gauges are shown in Table 1. The last line of the table gives the numerical value of the form factors
after taking out the coefficient (eg2)/(16π2). The related masses are fixed as follows: MH = 125
GeV, MZ = 91.2 GeV and MW = 80.4 GeV. We find that the results are well stable with different
values ξ = 0, 1, 100 and ξ → ∞.

The numerical result of the form factor in Eq. (21) (as a example of a numerical cross-check) of
Ref. [20] is

F21 = 0.07245981549100559
eg2

16π2 . (59)

We find a perfect agreement between the result in this paper with that in Ref. [20].

4. Conclusions

The analytical results for the form factors presenting one-loop contributions of the W boson to the
decay amplitude H → Zγ in the Rξ gauge have been collected. They are expressed as functions of
the Passarino–Veltman scalar coefficients such that numerical calculations are easily generated with
LoopTools. In the limit of d → 4, we have shown that these analytic results are independent of
the unphysical parameter ξ and consistent with those given in previous works. Numerical checks
for the ξ -independence of the form factors have also been discussed. In addition, the results are in
good stability with varying ξ = 0, 1, 100 and ξ → ∞. We emphasize that the results in this paper
will be applied to calculate one-loop contributions of new charged gauge bosons appearing in many
BSMs. They can be used to cross-check for consistency with well-known results given in the unitary
gauge. This is another indirect way to confirm the new Goldstone boson couplings which often have
complicated forms in the BSMs.
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Appendix A. Feynman rules and Feynman diagrams

In this Appendix, we list the Feynman rules needed for writing all one-loop integrals contributing
to the decay amplitude of the process H → Zγ . All propagators and related couplings are shown in
Tables A.1 and A.2, respectively.

Feynman diagrams for one-loop contributions to the decay amplitude H → Zγ in Rξ gauge are
plotted in Fig. A.1.

Table A.1. Feynman rules involving the decay H → Zγ through W boson loops in the Rξ gauge.

Types Propagators

Goldstone boson
i

p2 − M 2
ξ

Ghost
i

p2 − M 2
ξ

W boson
−i

p2 − M 2
W

[
gμν − (1 − ξ)

pμpν

p2 − M 2
ξ

]

Table A.2. All couplings involving the decay H → Zγ through W boson loops in the Rξ gauge. The notations
defining these couplings in the SM are: gHWW = gMW , gHWX = g/2, gHXX = gM 2

H /(2MW ), gHcc = gMW /2,
gAWW = e, gZWW = −g cos θW , gAAWW = e2, gZAWW = −eg cos θW , gAWX = eMW , gZWX = gMZ sin2 θW ,
gAXX = e, gZXX = −g cos 2θW /(2 cos θW ), gAAXX = 2e2, gZAXX = −eg cos 2θW /(cos θW ), gHAWX = eg/2,
gHZWX = g2 sin2 θW /(2 cos θW ), gAcc = e, gZcc = −g cos θW . The standard Lorentz tensors of the gauge
boson self couplings are 	μνλ(p1, p2, p3) = gμν(p1 − p2)λ + gλν(p2 − p3)μ + gμλ(p3 − p1)ν and Sμν,αβ =
2gμνgαβ − gμαgνβ − gμβgνα .

Vertices Couplings

H · Wμ · Wν , H (p1) · Wμ · χ(p2), H · χ · χ , H · c · c igHWW gμν , −igHWX (p2 − p1)μ, −igHXX , −iξgHcc

Aμ(p1) · W +
ν (p2) · W −

λ (p3), Zμ(p1) · W +
ν (p2) · W −

λ (p3) −igAWW 	μνλ(p1, p2, p3), −igZWW 	μνλ(p1, p2, p3)

Aμ · Aν · W +
α · W −

β , Zμ · Aν · W +
α · W −

β −igAAWW Sμν,αβ , −igZAWW Sμν,αβ

Aμ · Wν · χ , Zμ · Wν · χ −igAWX gμν , −igZWX gμν

Aμ · χ(p1) · χ(p2), Zμ · χ(p1) · χ(p2) −igAXX (p2 − p1)μ, −igZXX (p2 − p1)μ

Aμ · Aν · χ · χ , Zμ · Aν · χ · χ igAAXX gμν , igZAXX gμν

H · Aμ · Wν · χ , H · Zμ · Wν · χ −igHAWX gμν , −igHZWX gμν

Aμ · c · c, Zμ · c · c −igAccpμ, −igZccpμ
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Fig.A.1. Feynman diagrams of one-loop W boson contributions to H → Zγ in Rξ .
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